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In this talk we invite the audience to witness how a rigid exchange of 
two or more regions leads to strikingly complicated and beautiful dy-
namics in the plane. A rich landscape of phenomena is due to the 
presence of discontinuities that propagate forming patterns that ap-
pear to be self-similar. We present examples for which the local dy-
namics is not well understood as well as major open questions in this 
field some of which may be of interest to undergraduate students.
Examples of such maps are dual billiards and invertible rota-
tions of two halfplanes. The presentation will be accessible to 
an audience without familiarity with advanced dynamical tools.
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